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B. B. IleTtpos
O BEPOSITHOCTSIX YMEPEHHLIX YKJIOHEHUN

B macrosmeir pabore mcciemyeTcsa acCUMITOTUYECKOE TIOBEIeHNE
pacrpemesieHUus CyMMBbl HE3aBUCUMBIX CIIYYaWHBIX BEJWYMH B 30HAX
YMEPEHHBIX YKIOHEHWA. DTOMY HAMPaBIEHUIO UCCIEI0BAHUN TTOCBA-
el psiza pabor, cpeau KoTopbix orMetum [1—6]. B orauume ot ymo-
MAHYTHIX paBoT, MBI 6YeM UCIIOIB30BATh MoJyUYeHHoe B [7] (cM. Tak-
#e [8], Teopema b riaBel 5) 0600IIeHNE HEPABEHCTBA DcceeHa A
OCTATOYHOIO UJIEHA B IEHTPANBHOW MpenebHOW TeopeMe, UTO TO-
3BOJIAET AaTh KOPOTKOE JMOKA3aTeIbCTBO HOPMAJIbHON CXOAMMOCTHU B
30HaX YMEpPEHHBLIX YKJIOHeHUM, GOPpMYyIUpyeMBIX B TepMuHax 06006-
MeHHBIX apobeii JlanyHoBa.

MMycts G — MHOMxecTBO (GyHEIWA ¢(#), oUpemeneHHBIX A BCEX
JMENCTBUTENBHEIX & U YAOBIETBOPAIOIIMX CIEAYIONMM yCIOBAAM: (&)
¢(z) — HeoTpumaTeNRHasA, YeTHasA, HeyOHIBaloOmaa B obmactu z > 0
GyurmmsA, (6) ¢yurmma x/g(x) He yO6rBaeT B obmactu © > 0.

Teopema 1 ([7]). Hyems X1,...,X, — nesaeucumsie caywalinsie ge-
auvwuns, EX; = 0, EX]»Zg(Xj) < oo (j =1,...,n) 0ag nexomopod
Pynryun g(x) € G. Hoaonwcum

B, =Y EX}, Fn(x):P<B;1/2ZXj <x), (1)
j=1 ji=1

xr

2 1 -
®(x) = (2m)" /2 / et 2dt, L,=——— Y EX?g(X;). (2)
. Bug (B”) 2 Py
Tozda
sup | Fp(z) — ®(2) |< ALy, (3)

2&6 A — abcorromnag noaoHCUMEABHAT NOCMOTHHAA.

Benauuuny L, 6yaem HaswpiBaTh 0606IenHo# Apobbio JlAanyHoBa.
3ametum, uto kmaccy (G mpumammesxkar ¢ynxmm g(z) = |z|° mpm
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0<é<1mg(e)=(InB+|z))’ upu p > 0. Drum aBYM (yHKIHU-
AM COOTBETCTBYIOT BEJIMUMHEL

Ly = By 72 B P (4)
ji=1
"
_p n
Lo=B7" (n(3+ BY) Y BXF (n(3+1X;])) (5)
ji=1

B YaCTHOM cCJgy4dae OANMHAKOBBIX pacnpeﬂeneHMI‘/’I 9T BEJWYNHEI ITPpU-
HUMAaIOT BU/
Ly, = o2 n=t 2 X, P (6)

Ln= o™ (@ +on'l) BN @4 DY (@)

cooTBeTCTBEeHHO, rie 0 = EX?.
[Mpumenenue Teopembl | MPUBOAUT K CIAEAYIOINIEMY PE3YIBTATY.

Teopema 2. Iyecms X1, Xo,... — n0c2€0084MEABHOCTND HEZABUCUMBLE
cayuatinnz eeauvun, FX; =0, EX]»2 g(X;) <oo (j=1,2,...) dax ne-
komopotl Pynxyuu g(x) € G. Onpedeaum By, Fyp(x), ®(x) u L, pasen-
emeamu (1) u (2). Hyems L, — 0 npu n — oco. Tozda umeiom mecmo
COOMHOWENUS

1= Fu(z)
1—7@(1‘) —1 (8)
b Fo(—2) _

npu N — OO pasHoMepno omwuocumeavho ¥ & obaacmu 0 < ¥ <
C(2In(1/L, )%, 2d0e C — noaoxcumeasnas nocmosunas, ydosaemao-
paouar yeaosuo C < 1.

Ilepefinem k¥ norazaTenbCcTBY TeopeMbl 2. B cuny ycaosusa L, — 0
u Teopembl 1 nmeem Fy(2) — ®(x) paBHOMepHO oTHOCHTENbHO . OT-
cloja cieayer, uro cooTHolieHnA (8) u (9) BHITONHEHB B obaacTu
0 <z <M, rne M — npon3BoNbHAA MOJIOKATENLHAA TTOCTOAHHA.
ITosTomy B manbHedilieMm 6yneM cuutath, uto & > M, rome M — no-
CTATOYHO GOJBIIAA ITOCTOAHHA.
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MMomaraa Ry(x) = Fy(x) — ®(x), monydaem
1 — Fu(x) R, ()
1—®(z) 1—®(z)
BocmoabsyeMcsa cooTHONIEHMEM
1—®(z) = 2m) Y227 e T (14 0(1)) (z — +o0),

B CHAJIy KOTOpPOI'O MMEeEM

[N

x

1— () > 2m)~ Y2 (22) e~ T
npu Bcex goctaTouno Goabmmx z. CremoBarenbro, B 3oHe M < x <
C(2In(1/L,))Y? npumenenne Teopemer 1 mpuBoANT K HepaBeHCTBAM

[ B ()]
1—®(x)

<20(2m)% (2In(1/ L)) exp {C?In(1/L,)} AL, <

< Cy(n(1/La)* 1797 Ly = Gy LG (n(1/La)?,
rae | — HoloEWTeNbHas mocTosHHaa M « = 1 — C?, tak 4o
0 <a< 1. B cuny ycioua L, — 0 moryuaem Rn(x)/(l —P(x))—0
npu n — oo, ecam M < z < C(?ln(l/Ln))l/z, rie0 < C<1lm
M — nmocrarouno Gonbirad nocrognaad. Orcomna u n3 (10) cnenyer
(8). AHasorwuHo moay4daeM cooTHormenue (9) B T0i e 30He. Crpa-

BeJTNBOCTL cooTHotmennid (8) n (9) B 30He 0 < # < M yxe Obina
ycraHoBiieHa. TeopeMa 2 nokasaHa.

< (272 (20) €7 | Ru(a)] <

Ecam mociemoBaTelbHOCTh HE3aBUCUMBIX CJIYYaiHBIX BeJIUUNH
{X,} yaoBaerBopsaer ycaosuio F|X,|**t? < oo mpu meroTopom modto-
xuTesabiom § < 1 (unum Goasee crabomy ycaosuio EX2(In(3+|X,]))P <
o0 Tpu HeKoTopoM p > () misA BCeX n, TO 1O TeopeMe 2 CIpaBein-
BHI cooTHotmmenns (8) u (9) B 3one 0 < z < C(?ln(l/Ln))l/z, rie
0 < C < 1 u Bennuuna L, omnpeneneHa paBeHcTBOM (4) (coorser-
cTBeHHO, paBeHcTBOM (5)). B 4acTHOM caiy4ae oJMHAKOBBIX pacrpe-
nenennii paserctba (4) u (5) cBoaaTcak (6) u (7), ¥ U3 MOy UEHHBIX
pPe3yJIbTaTOB BBITEKAIOT CJEAYIONMe YTBEPAKICHAA: IPU yKa3aHHLIX
MOMEHTHBIX yCJOBUAX 30HAMMU HOPMAJBHOW CXOAMMOCTH (T.e. 30Ha-
MU, B KOTODBIX MMEIOT MecTo cooTHolmeHus (8) u (9)) aApaAroTcs
mareppaap 0 < ¢ < C(6lnn)? nau 0 < 2 < C(plnlnn)Y/? coor-
BercTBenno, rae 0 < €' < 1. Bosee ciabble MOMEHTHBLIE YCIIOBUA,
obeclednBaoNie BLIIOJHEHNEe COOTHOIIeHUA L, — (, IPUBOJAT K
Goilee y3KMM 30HaAM HOPMAJbHOI CXO0AMMOCTH.
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Petrov V. V. On probabilities of moderate deviations.

This paper examines the asymptotic behavior of distributions of sums
of independent random variables in zones of moderate deviations. Suffi-
cient conditions are given for normal convergence in these zones.
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