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À í í îòàöèÿ 

Äëÿ ïîëóñîâåðøåííîãî êîëüöà À äîêàçûâàþòñÿ ñóùåñòâîâàíèå ìèíèìàëü­
íîãî èäåàëà Ë4(À) (ìîäóëÿðíîãî ðàäèêàëà), ôàêòîðèçàöèÿ ïî êîòîðîìó ãà­
ðàíòèðóåò íàëè÷èå åäèíèöû â ôàêòîðêîëüöå, è ñóùåñòâîâàíèå ìèíèìàëüíîãî 
èäåàëà ÓÓ(À) (ðàäèêàëà Âåääåðáàðíà), ôàêòîðèçàöèÿ ïî êîòîðîìó ãàðàíòèðó­
åò ðàçëîæèìîñòü ôàêòîðêîëüöà â ïðÿìóþ ñóììó êîëåö ìàòðèö íàä ëîêàëüíûìè 
êîëüöàìè. Ïðèâîäèòñÿ ïðîñòîé êðèòåðèé ðàçëîæèìîñòè í¸òåðîâà ñëåâà ïîëó­
ñîâåðøåííîãî êîëüöà è ñîâåðøåííîãî ñëåâà êîëüöà â óêàçàííóþ ïðÿìóþ ñóììó. 

Abst ract 

V. Ò. Markov, A. A. Nechaev, Radicals of semiperject rings related to idempo-
tents, Fundamentalnayai prikladnayamatematika, vol. 6 (2000), no. 1, pp. 293—298. 

For a semiperfect ring A we prove the existence of the minimal ideal Ë4(À) 
(modular radical) such that the quotient ring À/Ë4(À) has the identity element, 
and of the minimal ideal W(A) (Wedderburn radical) such that the quotient ring 
A/W(A) is decomposable into a direct sum of matrix rings over local rings. A simple 
criterion of such decomposability is given for left Noetherian semiperfect rings and 
left perfect rings. 

1. Ìîäóëÿðíûé ðàäèêàë 

Íàçîâ¸ì êîëüöî À (âîçìîæíî, íå ñîäåðæàùåå åäèíèöû) ïîëóëîêàëüíûì, åñ­

ëè åãî ôàêòîðêîëüöî À = A/ J [À) ïî ðàäèêàëó Äæåêîáñîíà J = J {A) — 

ëèáî 0, ëèáî àðòèíîâî ïîëóïðîñòîå êîëüöî, ò. å. ïðÿìàÿ ñóììà êîëåö ìàòðèö 

íàä òåëàìè [1,5,6]. Ñëåäóÿ Áàññó, áóäåì íàçûâàòü êîëüöî À ïîëóñîâåðøåí­

íûì, åñëè îíî ïîëóëîêàëüíî è ëþáîé èäåìïîòåíò êîëüöà À ìîæíî ï îäíÿòü äî 

èäåìï îòåíòà êîëüöà À (èç ýòîãî ñëåäóåò âîçìîæíîñòü ï îäíèìàòü êîíå÷íûå 

îðòîãîíàëüíûå ñèñòåìû èäåìïîòåíòîâ, ò. å. äëÿ ëþáîé ïàðû à-\_,à,2 èäåìïî-

òåíòîâ ôàêòîðêîëüöà À = A/J ñî ñâîéñòâîì à-\_à,2 = à^àõ = 0 ñóùåñòâóþò 

èäåìï îòåíòû t\, e^ £ À, òàêèå ÷òî å\Ñ2 = å^åõ = 0, ej = ù [6, ïðåäë. 3.6.2]). 

*Ðàáîòà ÷àñòè÷íî ïîääåðæàíà ãðàíòàìè ÐÔÔÈ 99-01-00941, 99-01-00382. 
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