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1957 2. nmapm—anpeas m. X11I, enun. 2(74)
VCIHEXHU MATEMATHYECHKEHNX HAV E

O II0JIHOTE CUCTEM ®YHKUMII BUJIA
fEro)) n FOr)

I0. A. Kasobmun

B samerre ¢ moOMOmbi0 GCCKOHEUHBIX CHUCTEM JIMHEIHBIX YpaBHCHUII Hccile-
JYIOTCST BOTPOCHI, CBA3AHHBIC ¢ IIPOOJIEMON IOJTHOTHL cHcTeM (QYHKIMN BHA
(f(z+a,)} uw {0 (2)).

O6osnaunm yepes Agrl) KOMIUICKCHOE KOODANHATHOE IPOCTPAHCTBO TOYEK
x(xy, Xy ... , Ty .-.), YAOBIETBOPAIONINX YCJIOBHUIO

TYAEAPTS

n—oo
a uepes Ap — yCIOBHIO

limy/ |z, | <%.

n—co
OueBnpao, 9t0 Ap M30MOPPHO NPOCTPAHCTBY (QYHKIMIA, AHAIHTRYECKNX B KpyTe
|z| < R, a Ap— B sammuyrom kpyre |z|-< R. lostomy B mambheiimem coorser-
CTBEHHBIE HPOCTPAHCTBA AHANMTHICCKUX QYHKIWH MBI OymeM 0003HAYATEH TEMH K
cumposiamu. VI3 texcra Bcerfa Oyner AcHO, 4rd MOHMMAThH MON A Min Ap B TOM
IR UHOM cllydae.

Teopema 1. Iycmo f(2) — gynryus, anasumueckas ¢ kpyee |z| < R, a
{a,}) (n=0, 1, 2, ...)— Geckoneurnoe MmHONECTNEO DPABAUNHBIL MOYUEE, RDPUUEM
sup|a,|=a, a << R. Toz0a cucmemvr ynryuii

n

{{z4-a,)} w {f™(z)} (n=0, 1,2,...)
00H08 peMEnHO NOAHB. uau Hem 6 kpyee |z| <r, r=R—a.
Hoxazarenscrro. Jlaa Toro yrobsl nepBas cucreMa QyHrmui {f (24 a,)}
Oblta HOJHOW B A,, HeOOXO[UMO M [OCTaTOYHO, YTOOBI [In BCAKOIO JMHEHHOIO
¢ynxmuonana F[¢] B A, U3 BRNOIHCHHS yCIOBUI

Flf(z4a,)]=0 (n=0, 1, 2,..‘.)

BoITeKaso, uro Flp]l=0 nmaa moboit ¢ymxmmm ¢ (z)€ 4, [2], a a0 sKBHBa-
JTeHTHO ToMy (yumteiBag oOwmuil Buj juHeifHoro Qymwmuonana B A4, [3]), uro

1) CnmBosnuKa samMcTBOBaHA U3 padorsr [1].
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OeCKOHEYHAA CHCTeMa JIMHEHHBIX ypaBHeHWH

(o) 7 -+ L (“°’x1+f (“°’ o4+ ... =0, |
f(al)xo_'_f (al)xl—}-'f (al) Tg+ ... =O, , (1)
ﬂm%+fm%rﬁ‘” ot .. =0,

uMena Obl B A/, €[UHCTBEHHOE pelIeHHE.
Hpenmonomm, wro cmerema ¢ymumit {f(z+4-a,)} He sABIAeTcAa NOIHOI

B A4,, rorga cmerema (1) mMeer B Ay, HeTpuBHaibHOe pemennme {z,),

lim ]z, [=p < r.

Nn—>oa

HpeJ:[CTaB]?IB i! f® (a,) B BEEE

1 f () ds ,
1 (@) =5 SW (k=0, 1,2, ...; n=0,1,2,..),
&=t
rae p+a <! < R, mepenmmem cucteMy (1) ciemyromum oGpasom:
. Z
gt § 1O [t ot o =0
1=t :
(=0, 1, 2, ...).
Pacemorpum dyurmnuro
zp, . ‘
© (z) = %,SHQl <C>‘+“'+Efﬁﬁ+'“]& 2)

1¢i=l

® (z) perysnspHa B 3aMKHYTOM Kpyre |z|< a [4] m ma mHOMKectBe {a,} oOpa-
maercs B HylIb. YUATHBAg Xapakrep MHO;Kecrsa {a,}, OTCIONA MTHOBEHHO 3a-
wiaouaeM, uro D (z)=0. Haligem nocnemosatenbusie mpoussopmeie D (z) [4]):

(n) z (n+1)! x
(D (Z) anltg (C) [ 1 (C z;n!-] + “ (C_zl)n-l-z + LR

. (k) .
kKl (@ - gynrher T ]

-~
o~
[Tany

(n=0, 1, 2, ...).

Bee O™ (2), OUeBHZIHO, TOMKIECTBEHHO PABHEl HYJIO; B YaCTHOCTH,

o™ (0)=0 (n=0, 1, 2, ...). (3)
Ho (3) kax pas saBndercs OecKOHEYHOH CHCTeMOH JIMHEHHHIX YPABHCHHMIL
Ff™(2)]=0
(n=0, 1, 2, ),

cooTBeTcTBYIOMmeit BTOpoil cucreme Qynxumii. Ciepoarensro, ecimum cmerema (1)

umeer B Ay, HeTpUBHAJbHOe pemIeHNe, TO W chcTeMa (3) HMeeT TaKKe HETpPH-
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BHAJIHHOE pemieHme B TOM jKe IIpocTpaHcTBe. TakmM o6pasoM, MBI HOKa3alld, 9TO
ecam mepsas cucrema {f(z- a,)} He monHa B A,, To u Bropag cuctema {f" (z)}
toske He monmHa B A, Ho Mpl ycramoBummm 06ibIllee: 3aBHCHMOCTH MEHKITY
nonunoronn obemx cmereM. Temeph sicHO, 49ro ofe cmCTeMBl HOJHBL MM HeT B A,
opuoBpeMeHHO: ecnm {f™ (z)} —momnag cmcrema B A,, TO, Ipegmojaras, 4TO
cucreMa {f(z-+a,)} He monHa B A, W cileLysd IO M3JI0KEHHOMY BHINE IIyTH,
MBl TIpHeM K mpoTmBOpeumio (cuctema (3) mMeer B Aj;, HeTpHBHAIbHOE pelde-
uue); ecau ke {f(z-a,)} momma B A, To, mpexpmoyarasg, 4ro cmcrema {f(™ (z)}
He SIBJISeTCS IONHOH B A,, M OTHpABIAACH OT PaBeHCTB (3) B IyTh, OOpATHBI
MBJIOJKEHHOMY, MBI OISITh TpHaeM K IpormBopeumo. Teopema mokrasaHa.

CaencrBue 1. Ecau ommnocumenvrno mHoxcecmea {a,} U36ecmmo mosbko
mo, 4mo OHO umeem npedesvryio moury o, |a*| < R, mo cucmemw Pymryui

{f(z+ o)} u {{M(2)}
noAHBl uau Hem o00HogpemenHo 6 kpyee |z|<r,
r=R—|a*|—e, 20e e >0—

CKOAb Ye0OHO MAL0E UUCAO.

IIpumeganne. [lpu R = co pomywaercsi pesyibrar, YCTAHOBJICHHBIN
A. W. Maprymesuuem B [3].

Teopema 2. Ecau cucmema gyuryuii {f™ (z)} noamna ¢ Hexomopom kpyee

[2=T| <7, [Vo|H+r<A,
Mo OHA AGASEMCA NOAHOUL 6 Ab6oM KEpyee
2=y <p p<7, [Y|+P<R.

B camom pene, momycrtum, wro cmcrema Qymumii {f™ (z)}, momHas B Kpyre
|z—Y,| < r, Hemonma B Heroropom Kpyre |[z—v|<<p, p<r. Torma Geckomeu-
Hasg cHCTeMa JIMHeHHBIX ypaBHEHHH

oM ()=0 (n=0, 1, 2,...), (4)
rae Qynxnua P (z) ompenensercs dopmyinoit (2), mmeer B Ay, HeTpHBHATLHOE
pemenne {z,}, im /], |=p, < o.

n—00

Orciopma Ges Tpyaa sawxiiodaeM, uto ¢ymxnus @ (z) spiasercs amammTude-
cKoit B saMKHyTOM Kpyre A: |z| < R—p, a Gnaromaps (4) ®(z)=0 (rax
Kak Y€ E). Torpga

o™ (y,)=0 (n=0, 1, 2, ...) (5)
(Yo € k). Ho m3 (5) HeMemjieHHO BEITEKAET, 9TO CHCTCMA ¢yuxnuis {f™ (z)} He
ABJAETCA TOMHOM B Kpyre |z —y,| <7, 4ro abeypmHO.

flcno, wro must cucremsr Qymrummit {f (2-+a,)} cnpaBegumBO HpeaJIOKeHme,
aHAJIOTHMYHOEe Teopeme 2.

B saxmouenne oTMernmM, 4TO JIOKaJbHAS IOJIHOTA BO Beell 00JIacTH aHAIN-
Tiaroctd  cueremst  pymrnuir {f, (2)} (j=0, 1,2, ...), BHTeraoomas n3 moi-
HOTBI 9TOM CHCTEMBl B HEKOTOPOM (MKCHPOBAHHOM Kpyre (KaK 9T0 MMeeT MeCTo
(cm. Teopema 2) ayA mocsefoBaTedbHEIX Ipomssopmex {f™ (2)}(n=0, 1,2, ...)
u s {f(z-+4a,)}) HaOmomaeTca M y HEKOTOPHX APYIHX CHCTeM QYHKIWIA.
IdrTuM cBoiicTBOM, Hampumep, obmamaior: {f (£,2)}, {z" /™ (z)} u np.

Hocrynunmo B pepaxnmio 20 oxkradpa 1955 r.
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